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[57] ABSTRACT 

An embodiment of the present invention is a combined 
GPS and dead-reckoning (DR) navigation sensor for a 
vehicle in which a pair of modifications are made to an 
otherwise conventional Kalman filter. P rocess noise is 
adapted to cope with scale factor errors associated with 
odometer and turning rate sensors, and correlated mea­
surement error processing is added. When only two 
D oppler measurements (PRR s), or three with an awk­
ward three-satellite geometry, are available, DR error 
growth can nevertheless be controlled. The measure­
ment error correlations in the conventional Kalman 
filter covariance propagation and update equations are 
explicitly accounted for. Errors induced by selective 
availability periods are minimized by these two modifi­
cations. 

14 Claims, 5 Drawing Sheets 
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POSfflON AND VELOCITY FSTIMATION 
SYSI'EM FOR ADAPTIVE WEIGHTING OF GPS 

AND DEAD-RECKONING INFORMATION 

to blend partial GPS information with dead-reckoning 
information. Such blending reduces the drift that is 
inherent in dead-reckoning. More accurate information 
is thus available on average, and overall accuracy can 

BACKGROUND OF THE INVENTION 
5 be maintained for relatively longer periods of GPS 

signal shadowing. 
1. Field of the Invention 
The invention relates generally to navigation systems 

and more specifically to global positioning system 
(GPS) devices that use dead-reckoning apparatus to fill lO 
in as backup during periods of GPS shadowing such as 
occur amongst obstacles, e.g., tall buildings in large 
cities. 

Global positioning system receivers typically use 
signals received from three or more overhead satellites 15 

to determine navigational data such as position and 
velocity, and such systems may also provide altitude 
and time. GPS signals are available worldwide at no 
cost and can be used to determine the location of a 
vehicle, such as a car or truck, to within one city block, 20 
or better. Dual-frequency carrier GPS receivers typi­
cally track a pair of radio carriers, Ll and L2, associ­
ated with the GPS satellites to generate pseudo range 
measurements (PR) from precision code (P-code) or 
coarse acquisition code (C/ A-code) modulation on 25 
those carriers. Carrier Ll is allocated to 1575.42 MHz 
and carrier L2 is positioned at 1227.78 MHz. Less ex­
pensive receivers tune to only one carrier frequency, 
and therefore cannot directly observe the local iono­
spheric delays that contribute to position error. At such 30 
frequencies, radio carrier signals travel by line-of-sight, 
thus buildings, mountains and the horizon can block 
reception. 

The constellation of GPS satellites in orbit about the 
earth comprises individual satellites that each transmit a 35 
unique identifying code in a code multiple access ar­
rangement. This allows the many GPS satellites to all 
transmit in spread spectrum mode at the same frequency 
(plus or minus a Doppler shift from that frequency as 
results from the satellite's relative velocity). Particular 40 
satellites are sorted out of a resulting jumble of signals 
and noise by correlating a 1023 "chip" code to a set of 
predefined codes that are preassigned to individual GPS 
satellites. These codes do not arrive in phase with one 
another at the receiver. Therefore, "fmding'' a GPS 45 
satellite initially involves searching various carrier fre­
quencies, to account for Doppler shift and oscillator 
inaccuracies, and searching for a code match, using 
1023 different code phases and up to twenty-four possi-
ble correlation code templates. 50 

In large cities with many tall buildings, one or more 
of the GPS satellites that a particular receiver may be 
tracking may be temporarily blocked. In some situa­
tions, such blockage can prevent all the overhead GPS 
satellites from being tracked and such outages can last 55 
for several minutes. GPS signals also become unavail­
able to vehicles when moving through underground or 
underwater tunnels. Therefore a method and apparatus 
are needed to bridge an information gap that exists 
between periods of GPS signal availability. Dead-reek- 60 
oning techniques have been used in the background art 
to supply navigation data, both alone and in concert 
with GPS systems. 

The prior art has not recognized nor taken full advan­
tage of the fact that while within the typical "urban 65 
canyon," at least two GPS satellites are typically visible 
at any one instant. A significant performance advantage 
is possible if such GPS satellites are productively used 

A navigation system for a vehicle using a dead-reck-
oning system can encounter several sources of error. 
Initial position errors can result from GPS inaccuracies, 
especially in selective availability (SA) and multipath 
signal environments. A heading error may result from a 
difference between a vehicle's change in direction and 
the sensed change in direction, for example, as derived 
from a single-degree of freedom inertial gyro. Such 
errors can range from one to five percent for low-cost 
gyros. Heading errors can also stem from gyro rate 
bias/drift, scale factor non-linearity and initial warm-up 
problems. An odometer error is created by differences 
between the distance a vehicle actually travels and the 
vehicle's odometer indicated distance. Such errors can 
be classified as scale factor and scale factor non-
linearity. Sensor measurement noise will also corrupt 
data obtained. Terrain sloping can cause a third type of 
error in that the ground traveled by a vehicle may ex­
ceed the horizontal distance traversed due to a change 
in altitude. 

SUMMARY OF THE PRESENT INVENTION 
It is therefore an object of the present invention to 

provide a system and method for using both partial and 
full GPS information in a blend of adaptively-weighted 
GPS and dead-reckoning determinations to provide 
vehicle position and velocity information to remote 
users. 

An object of the present invention is to provide a 
system and method for blending position and velocity 
solutions that allow for a filtering of errors between DR 
and GPS determinations in an intelligent way that rec­
ognizes the characteristics of the respective error 
sources. 

Briefly, a preferred embodiment of the present inven­
tion is a vehicle position and velocity estimation system 
that blends GPS solutions and dead-reckoning using a 
modified set of decoupled (decentralized) Kalman fil­
ters. Process noise is adapted to cope with scale factor 
errors associated with the odometer and turning rate 
sensor, and correlated measurement error modeling is 
added to a conventional Kalman filter. When only two 
Doppler measurements (PRRs), or three with an awk­
ward three-satellite geometry, are available, an accumu­
lated dead reckoning error can nevertheless be con­
trolled. The correlated measurement error are explicitly 
accounted for in the modified Kalman filter covariance 
propagation and update computations. 

An advantage of the present invention is that it pro­
vides a system for continuous calibration of dead-reck­
oning sensor input data to provide accurate position 
solutions. 

Another advantage of the present invention is that a 
system is provided that automatically switches to a 
calibrated dead-reckoning solution when GPS satellite 
signals are blocked for any reason. 

Another advantage of the present invention is that a 
system is provided that can cause position, time and/or 
velocity to be automatically reported when an alarm 
sensor is activated. 
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An advantage of the present invention is that a system augment its state vector to include states which repre-

is provided that can derive information from available sent SA. Neither of these approaches would be appro-
GPS satellite signals when the number of GPS satellites priate in the present application: the effects of SA are 
visible is less than three. highly correlated over minutes, so frequent GPS updat-

Another advantage of the present invention is that a s ing (e.g., once per second) would result in optimism in 
system is provided that can be mounted within a vehicle the Kalman filter covariance and resultant measurement 
and used to report a velocity and/or position of the under-weighting and perhaps rejection (simulation re-
vehicle even though GPS satellites may not always be suits will be presented later to illustrate this point). On 
visible at the vehicle's position. the other hand, direct inclusion of SA error states leads 

A further advantage of the present invention is that a IO to an unnecessary computational burden, and would 
system is provided in which the blending filters adapt to jeopardize the ability to implement the design on a 
detected anomalies in both the GPS and DR sensor low-cost microprocessor (e.g., a 10 MHz Motorola 
data, thereby improving a vehicle position and velocity 68000 without math coprocessor). In addition, there are 
estimation system response to anomalous performance model fidelity issues relating to the inclusion of SA 
of its sensors. 15 error states, i.e., how well SA can be modeled. Use of 

These and other objects and advantages of the pres- the approach described herein avoids these problems by 
ent invention will no doubt become obvious to those of representing the effects of SA in the Kalman update 
ordinary skill in the art after having read the following equations, without attempting to estimate SA directly. 
detailed description of the preferred embodiments An efficient and robust design results, described in de-
which are illustrated in the various drawing figures. 20 tail later in this application. 

IN THE DRAWINGS 

FIG. 1 is a block diagram of a vehicle position and 
velocity estimation system embodiment of the present 
invention which rides on-board a land vehicle and re- 25 
ports vehicle position and velocity via a mobile radio; 

FIG. 2 is a block diagram of a blending filter process 
included in the microcomputer of the system of FIG. 1 
which combines a heading filter, a position filter and a 
speed filter to produce position and velocity solutions 30 
for transmission by the mobile radio of FIG. 1; 

FIG. 3 is a block diagram of a modified Kalman filter 
as used in the system of FIG. 2; 

FIG. 4 plots the gain history for a conventional filter; 
FIG. 5 plots the error and covariance histories of the 35 

filter of FIG. 4; and 
FIGS. 6 and 7 represent the corresponding plots for 

the modified filter design of FIG. 3. 

GPS receiver 16 is such that it computes a complete 
vehicle position/velocity solution from signals received 
from at least three GPS satellites and it computes 
pseudo ranges (PRs) and pseudo range rates (PRRs) 
from signals received from GPS satellites tracked by 
the receiver. The GPS solutions or PRs and PRRs are 
used with data obtained from gyro 22 and odometer 
signal 14 in a set of blending filters included as program 
software within the microcomputer system 24. A set of 
serial interfaces 26-29 may be provided by microcom­
puter system 24. Specifically, interface 26 may be a 
serial port suited for use with the Trimble Navigation 
(Sunnyvale, Calif.) ASCII interface protocol (T AIP). A 
modem 30 allows a radio 31 to transmit speed and loca­
tion information regarding vehicle 12 through an an­
tenna 32. Such information would, for example, be use-
ful to a central dispatcher of delivery trucks or of public 
safety vehicles, such as police and fire units. 

Microcomputer system 24 includes the basic dead 
DETAILED DESCRIPTION OF THE 

PREFERRED EMBODIMENT 
40 reckoning equations, gyro and odometer interface con­

ditioning and calibration, and filters 34, in computer 
firmware program form, for estimating a heading and 
velocity of vehicle 12, and for estimating how much 

FIG. 1 illustrates a global positioning system (GPS) 
mobile system embodiment of the present invention, 
referred to herein by the general reference numeral 10. 
System 10 has a six-channel vehicle tracking capability 45 
that uses GPS satellite signals to provide position and 
velocity information related to a vehicle 12 onboard 
which system 10 is mounted. System 10 comprises an 
odometer signal connection 14, a multi-channel GPS 
receiver 16, a GPS antenna 18 and a low-noise pream- so 
plifier 20. A signal from a turning rate sensor gyro 22 is 
input to a microcomputer system 24 for dead reckoning 
beading information input. Gyro 22 is preferably a low­
cost type, such as those based on piezoelectric solid 
state elements. Antenna 18 is preferably a hard mount 55 
patch antenna for permanent mounting. For example, 
good results have been obtained with antennas having 
dimensions of approximately 3. 75 inches by four inches 
by 0.75 inches, and by using a flange mount patch an­
tenna for temporary mounting with dimensions in the 60 
order of 4.75 inches by four inches by l.75 inches. An­
tenna 18 is best placed on top of vehicle 12 where a 
view of GPS satellites will be the least obstructed by 
vehicle 12. 

A conventional Kalman filter when used to integrate 65 
GPS and dead reckoning information would attempt to 
represent the effects of selective availability (SA) which 
is the dominant GPS error source as white noise, or 

error exists in the dead-reckoned position and in the 
position solutions derived from GPS receiver 16. A best 
estimate and estimation error variance are obtained. 
Errors associated with dead reckoning inputs are sys­
tematic in nature and therefore include components that 
can be estimated to yield more precise results. There­
fore, while Kalman filter 34 is in large part conven­
tional, it comprises modifications to prevent it from 
excluding heretofore unrecognized systematic errors as 
being simply white noise. For example, the heading 
variances produced are constrained to be relatively 
more conservative. 

FIG. 2 illustrates a GPS/DR navigation system 40 
with a decentralized filter approach. A GPS receiver 42 
provides pseudo ranges (PRs) and pseudo range rates 
(PRRs) to a GPS navigation computer 44, such as mi­
crocomputer 24 (FIG. 1). A GPS velocity solution 
(V GPS) is fed to a heading calculator 46 that produces a 
GPS heading solution (HGPS)- A heading filter 48 ac­
cepts inputs HaPS and a signal Mic from the gyro 22 
following the operation of a gyro scale factor calibrator 
50 and a gyro bias calibrator 52. A vibrational gyro 54 
provides a heading change signal (Ml). An odometer 56 
provides a distance change signal (..:id) to both the gyro 
bias calibrator 52 and an odometer calibration filter 58. 
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A velocity estimate (V) and a heading estimate CH) are 
received by a dead reckoning (DR) calculator 60. A 
position filter 62 receives both a DR change of position 
signal (.6.£) anq l!:. GPS position solution (Ea.PS)- A 
blended signal (L, r..) is obtained by correcting the dead 5 
reckoning position and is output from a blender 64. 

FIG. 2 shows the interaction between the GPS re­
ceiver computed positions and velocities, the gyro and 
odometer data, and the three blending filters. The de­
centralized nature of the blending filters is in contrast 10 
with a more conventional, Kalman filter approach 
which collects all variables of interest in a single 
(larger) state vector. A conventional Kalman filter im­
plementation is impractical in a low cost microproces­
sor, and therefore not preferred. Such a filter, however, 15 
may be partitioned into the three smaller filters: a head­
ing filter, speed filter and a position filter. A significant 
reduction in computational requirements is possible, 
with no significant adverse impact on performance. 

Speed and heading information is derived from the 20 
GPS velocity computed by the GPS navigation com­
puter 44. This information is input to the odometer 
calibration and heading filters 58 and 48. Each of these 
filters is a single state, Kalman-like filter, modified to 
account for SA-induced error, which is the dominant 25 
correlated measurement error contributor. The odome-
ter scale factor calibration filter 58 examines the differ­
ence between odometer-derived velocity and GPS­
derived velocity, and corrects the odometer scale fac­
tor, thereby improving the estimate of distance traveled 30 
input to the dead reckoning calculations. The gyro scale 
factor error is preferably calibrated at installation and 
periodically at startup, and may also be calibrated using 
GPS. The gyro bias is continuously updated using a 
separate filter, based upon the knowledge that the vehi- 35 
cle 12 is stationary, as determined from the odometer 
56. The gyro bias calibrator (filter) 52 preferably in­
cludes a bias monitor, which examines the stability of 
the calculated bias, and makes adjustments to the pa­
rameters of the heading filter based upon the predicted 40 
stability. The gyro sensed heading rate, compensated 
for its bias, along with a measure of the bias stability, is 
input to the heading filter 48, where it is blended with 
OPS-derived heading to improve the heading which is 
passed to the dead reckoning equations. The outputs of 45 
the dead reckoning calculations (e.g., the predicted 
latitude and longitude of the vehicle 12), are input to the 
position filter, which generates corrections to them 
based upon the GPS-derived positions. The position 
filter is also implemented as a Kalman filter modified to 50 
handle correlated errors which are dominated by SA. 
The corrected latitude and longitude, appropriately 
time-tagged, is then passed to the modem/radio combi­
nation for communication to the outside world. 

Microcomputer system 24 prevents position and ve- 55 
locity solutions that are abruptly deviant from previous 
solutions from being fully weighed into final position 
and velocity solutions. In the prior art, it is not uncom­
mon for GPS-derived solutions to "jump" from one 
reading to the next. GPS position solutions can change 60 
abruptly, e.g., due to constellation changes, which are 
especially significant when operating non-differentially. 

In particular, GPS position solutions can appear to be 
discontinuous ("jump") whenever reflected signals and-
/ or radio frequency interference is present. Such condi- 65 
tions are common in the so-called "urban canyon" envi­
ronment. It is however, characteristic of DR solutions 
to not Jump. Therefore, Kalman filter 34 includes modi-

fications to a conventional Kalman filter that exclude or 
de-emphasize (de-weight) GPS solutions that have 
jumped by magnitudes that the DR solutions tend to 
indicate as being impossible or improbable. 

However, an override mechanism is needed to allow 
an ever increasing body of GPS-derived solutions to 
overcome what first appeared to be an impossible de­
parture from the DR solutions. Such a situation could 
occur if vehicle 12 was transported a substantial dis­
tance by ferry, in which case the indicated travel dis­
tance at odometer input signal 14 would be near zero. 

In general, Kalman filters cannot be applied without 
recognizing the effects of correlated error, dominated 
by SA, which is applied by the Department of Defense. 
The effects of SA cannot be filtered out over time, 
because the effects of SA are intentionally not equiva­
lent to white noise. Therefore, Kalman filter 34 accom­
modates SA by making a special modification to a con­
ventional Kalman filter algorithm. An implicit model­
ing of SA is included in Kalman filter 34 such that when 
the Kalman filter 34 does an update the decay is forced 
to assume a rate that has been empirically determined to 
be consistent with previous observations of SA, instead 
of allowing a decay as lf\/n, where "n" is the number 
of uncorrelated measurements of a stationary observ­
able. For example, SA will vary in its effect very little 
from second to second, but over a period of a minute to 
a hundred seconds, SA can decorrelate. For a standard 
deviation of thirty meters and ten measurements during 
stationary operation, for example, conventional Kalman 
filters will predict an error standard deviation of 
roughly ten meters. This error variance will be grossly 
optimistic if the ten measurements are processed over a 
time interval which is short, relative to the expected SA 
period. If the measurements were generated over a 
period of ten seconds, for example, the error variance of 
the conventional Kalman filter would be optimistic by 
roughly a factor of ten. This could lead to de-weighting 
or rejection of subsequent GPS measurements and di­
vergence of the resulting position solution. 

FIG. 3 illustrates a Kalman filter 70 partitioned into a 
set of coupled filter units, including an enhanced head­
ing filter 72, a velocity (speed) filter 74 and a position 
filter 76. In an alternative embodiment of the present 
invention, the enhanced heading and speed filters 72 
and 74 may be substituted with a preferred heading and 
speed filter 78, and a preferred position filter 80. Head­
ing filter 78 is preferred in instances where the interface 
with GPS receivers 16 or 42 (FIGS. 1 or 2) permits 
access to individual GPS measurements, e.g., when 
only two PRRs are available because a third GPS satel­
lite is unavailable or its signal is being blocked for some 
reason. Heading sand speed filters 72 and 74 are used 
when the interface, e.g., with GPS receiver 16, is lim­
ited to access of only GPS-based velocity, as might be 
the case for commercially available GPS receivers. 
Similarly, the enhanced position filter 76 is limited to 
use of GPS-derived positions, whereas the preferred 
position filter can make use of individual pseudo range 
measurements. Nevertheless, filters 72, 74 and 76 com­
bine to provide modeling of the adverse effects of corre­
lated error, e.g., SA, and scale factor errors, e.g., from 
gyro 22 and odometer input signal 14. A level of adapt­
ability to gyro and/or odometer failures is desirable and 
included in Kalman filter 70. 

The enhanced heading filter 72 is preferably a com­
puter-implemented process for execution by microcom-
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8 
puter 24, and is described mathematically by equation 
(1), as follows: 

given: GPS-derived heading from a velocity solution 
include minimum velocity qualification testing 
estimate accuracy of GPS-derived heading: 

(!) 

[ 

HDQp2 [ ( o-2 = ~
2 

) + ( ~
2 

) }differential) 

o-2H/GPS = ~ 2 

HDOp2 [ ( ; )+ ( ~ ) }nondtiTerential) 

where: 
HDOP=horizontal dilution of precision value output 

with a current fix, 

5 

10 

15 

is based changes significantly, it may be worthwhile to 
also set <I>sa=0. 

For heading update: 

where: 
aHgyro has been compensated for bias, 

where: 

HaPS=GPS-derived heading. 

For a statistical reasonableness test on Hres: 

compute o-,,.l=crek+i2-2 <Tck+I +o-e1aJil. 

(4) 

(b 5) O"asa=one-sigma SA acceleration magnitude, 
O"vsa=one-sigma SA velocity error, 
v=current speed from GPS receiver 16, 20 Two parameters control the test (C1, C2), 

and 
atc=age of differential correction in seconds. 
Typical values for O"asa are 0.005-0.01 meters per 

second squared, while typical values for O"vsa include 
0.25-0.50 meters per second. A constant value for ate 25 
may be assumed, since this information may not be 
readily available in real-time for the enhanced filters. 
Equation (1) specifies the error variance of the GPS­
derived heading, which is assumed to include a tempo­
rally correlated component, dominated by SA, and a 30 
white-noise component O"v. Equation (1) applies to a 
three-dimensional velocity fix, e.g., from GPS receiver 
16. A more conservative calculation is necessary if 
using a two-dimensional velocity fix. Modeling such a 
correlated error component prevents the Kalman filter 35 
70 from becoming unrealistically optimistic. The head-
ing error correlation is represented by Uc, wherein: 

initialization: <Tc=O 

propagation: <T ck+ 1- =cl> sa <T ck+ (2) 40 

(3) 

where: 

(6) 

reduce pseudo Kalman gain: k<-k/C2 

bypass measurement update. 
Tentatively, C1=9, C2=25 (alternatively, C2=C1). 

The residual tests involving the parameters C1 and C2 
are intended to reduce the solution sensitivity to un­
modelled errors associated with the GPS-derived head­
ing. Two such error mechanisms are the generation of a 
solution based upon either reflected signals and/or sig­
nals "spoofed" by RF interference. 

(7) 

Hk+1+=Hk+1-+kHr,s. (8) 
There is a difference in form for the "Kalman gain" k 
appearing in equation (7) compared to the conventional 
gain calculation: the correlation term is subtracted from 
the a priori error variance, and also used to adjust the 
residual variance (equation 4). The effect of the correla­
tion term, representing the effects of SA, is to increase 

k=pseudo-Kalman measurement gain 
o-2H/GPS/C=first term in equation (1) excluding <Tv. 

I - -- 11t < Tsa 

{ 

At 

45 the gain floor of the filter, and keep the filter "aware" of 
the effects of the correlation, e.g., to prevent it from 
"falling asleep". These effects are illustrated in FIGS. 3 
and 4, which compare the results of the modified filter 
with a conventional Kalman filter. The plots are de-

,,_ - 'Tsa 
'/'SO -

0 11t ~ 'Tsa 

50 rived from a Monte Carlo simulation of both filter de­
signs run on a IBM-compatible 386/25 MHz personal 
computer, with realistic models for the gyro, odometer 
and GPS. They correspond to a vehicle initially travel-

Equation (2) is used to propagate the heading error 
correlation in time (e.g., in between GPS updates), 55 
while equation (3) indicates how the correlation 
changes across a measurement update. 

Typical values for Tsaare 60-200 seconds. A decay of 
the SA correlation is assumed to be linear in the propa­
gation interval. This represents an approximation to the 60 
exponential decorrelation which is valid for time peri­
ods that are short, relative to the decorrelation time 
associated with SA. This represents a very good ap­
proximation most of the time, and saves the computa­
tion of the exponential term. When the approximation 65 
breaks down, e.g., when the time interval approaches 
the decorrelation time, the correlation is simply set to 
zero. If the constellation on which the velocity solution 

ing in a straight line at forty miles per hour (MPH) for 
roughly one hundred seconds, and then slowing to 
twenty MPH. GPS velocity updates are assumed to be 
available each second, and differential corrections are 
not available to the vehicle. Thus the impact of SA on 
navigation error is maximum. 

FIG. 4 plots the gain history for a conventional filter, 
followed by its error and covariance histories in FIG. 5. 

FIGS. 6 and 7 represent the corresponding plots for 
the modified filter design of FIG. 3. The differences in 
gain and covariance behavior are such that the conven­
tional filter is more optimistic and uses gains which are 
too low. These would typically begin rejecting mea­
surements if such testing was included in the simulation, 
making the improvements even more dramatic. In fact, 
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as evidenced by FIG. 5, the conventional filter assumes 
it has averaged out SA error, and predicts a one-sigma 
error of roughly one-half degree, when more than three 
degrees of error are actually present. In contrast, a 
significant improvement is realized with the modified 5 
Kalman filter. During the first one hundred seconds of 
the simulation, its expectation of roughly 1.5 degrees 
one sigma, are more consistent with the SA error. Fol­
lowing the speed change, the heading error is substan­
tially reduced to roughly 0.2 degrees. Such a reduction 10 
is possible by the removal of the SA contribution, and 
there is a negative gain at the transition. Thus in the 
simulated run, more than a factor of ten improvement is 
realized with the modified filter. 

For covariance propagation, O-c propagation is de- 15 
scribed by equation (2). 

In modeling the effects of gyro scale factor error, it is 
assumed that residual errors for clockwise (CW) and 
counterclockwise (CCW) rotations of vehicle U are 
statistically uncorrelated. There are, therefore, separate 20 
specifications, o-sF+2 and o-sp-2. These specifications 
may be adapted as a function of the changes in the 
calculated scale factor factors, if they are periodically 
or dynamically computed. However, o-sF+2 and 
<TsP--, are assigned the same initial values. 25 

Two separate sums, mgryo+sum, and AHgryo-sum are 
computed and correspond to the different signs of the 
heading changes, as illustrated by the following pseudo­
code: 

-continued 
Aifg,yo+sum = Migryo+sum = 0 

Adgryo-sum = Migryo-sum = 0 
qsp= o. 

This special handling of the effects of the gyro scale 
factor error represents a second distinction of the pres­
ent invention relative to a conventional Kalman filter. 
This error is not well represented by white noise, since 
it is bias-like. These special summations are therefore 
required to force the filter to maintain conservatism, 
with respect to the heading error induced by gyro scale 
factor error. In order to avoid injecting too much con-
servatism, tests must be performed based upon the up­
dated covariance ( controlled by the parameter frac-
tion), to reset the summations formed during the turn. 
An additional term is added to the GPS heading vari­
ance, equation (1), if the velocity solution is based on a 
propagated measurement. 

The velocity (speed) filter 74 is implemented as a 
single-state, Kalman-like filter for estimating an error 
associated with an odometer scale factor from a GPS­
derived velocity. A basic Kalman filter equations are 
adapted to improve correlated error component han­
dling. Correlated velocity error develops either directly 
when operating non-differentially, or through leakage 
in differential corrections. Scale factor error is modeled 
as a Markov process with a fairly long time constant, 

If, I Ll.Hgryol > LlHtJ,,ahold 

If, t:.Hgryo > 0 

(9) 

30 e.g., 300-900 seconds. This time constant reflects a 
plurality of variations, e.g., those influences attributable 
to the effects on wheel radius due to tire pressure 
changes. Thus, this is a relatively slowly varying effect. 
Higher frequency variations in the scale factor are aver-

t:.Hgryo+sum + = t:.Hgryo 35 aged out, 

Aifgryo+sum = Wgryo (Migryo + 2Migryo+sum) 

Else, 

For example: 

let 6vsp=odometer scale factor error state, 

AH gryo-sum + = I t:.H gryo I 40 a-c= error correlation induced by SA. 
AHgryo-sum += IMigryol (IMigryol + 2Mfgryo-sum) 

Else, 
It is assumed that 8vsp is subtracted from the current 
odometer scale factor at each measurement update, e.g., 
as frequently as one Hz. It is therefore not necessary to 

Adgryo+sum = 0 

Adgryo-sum = 0 

45 propagate an error estimate. Letting V GPS=GPS­
derived speed in meters per second, a measurement is 
formed as the difference, 

Al/SF = IT3'F+ Aifgryo+sum + IT3'F- Mfgryo-sum 
qsp+= AqsF 

(12) 

~F- + = qAJJ At + AIJsF- 50 where: 

In the propagation sums, the terms .6.Hgryo+sums, 
AHgryo-sum, AHgryo+sums, .6.Hgryo-sum and qsF are all 
preferably initialized to zero. The term qLi.His time vary- 55 
mg. It is adapted as a function of the stability of the 
turning rate sensor gyro 22 bias as determined by ·its 
calibration history. 

For covariance update equations, CT c is updated after 
a cre2 update, and is described by equation (3), and 60 

(10) 

Tests are done on zeroing out heading (H) sums used 
in a propagation: 65 

If, a2llk+l ;;a Yfracticn • qsp, where: Yfraction = O.Ql (11) 

Va=odometer derived velocity. 
The measurement is therefore, 

where, V =true velocity. The measurement gradient 
"vector" is thus V, well approximated by Va. 

There is the possibility of a significant latency error 
between Va and VGPS, which is preferably not ne­
glected. The latency may be as much as one second, and 
can produce a significant impact, e.g., whenever vehicle 
U accelerations and decelerations are substantial. 
Therefore, a computed measurement noise variance is 
preferably increased by an estimated acceleration level, 
and is based on backward differencing odometer veloci­
ties, 

(13) 
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12 

Computing measurement noise variances, 
receiver 16 position fixes. Two and three-dimensional 
and propagated solutions are included, albeit weighted 
differently. Kalman filter 76 is a two-state type that 

a2vGPS = [a2cvGPS + a2v,J HDOpl + (aAt'y-/4 

if differential mode: o-2cvGPS = (crasaAtc'r, 

if non-differential mode: 0"1:VGPS = a2.,,,, 

(14) accounts for GPS receiver 16 error correlation due to 

where: 
O'vsa=one-sigma PRR error from SA, 
O'asa=one-sigma PRR error from SA, 
HDOP=Horizontal Dilution of Precision associated 

with a current velocity fix, 
and, 

~tc=average differential latency in seconds. 

5., SA and is used to process the data. The propagation 
equations for Kalman filter 76 begin with a construction 
of an average heading and velocity, using outputs from 
the headjng and speed filters 72 and 74: 

10 Havg=(Fik+Fh-1)/2, and 

v avg=CVk+ i\_ 1)12, 

(21) 

(22) 

where the k subscript denotes "current" time, e.g., the 
15 time of the GPS receiver 16 position fix, or the time to 

which position is being propagated. Associated with 
these average values are the following average vari-In dividing aat by four, the maximum error corre­

sponding to a one second latency is identified as a two­
sigma value. The HDOP may be increased when a 
solution is two-dimensional, owing to the use of a possi- 20 
bly incorrect, fixed altitude, as in equation (1). 

ances: 

<THavg2=~crHi+crhk-12+2 max (crHi, 
<THk-1 ))/4; and (23) 

Since the estimated scale factor error is applied to a 
whole valued estimate at ea<?h measurement update. It is 
not necessary to propagate 8vsF, However, the correla­
tion term, O'c and o-sr- are propagated, where Uc is 25 
initialized to zero. 

<TVa./=\<7'n.?+crP1<-12+2 max (crn.:2, 
O'J'k-1 ))/4 (24) 

where o-i:-2= V2o-hd SF2. In both equations (23) and 
(24), an approximation to the correlation between suc­
cessive values of heading and velocity error, respec­
tively, is made. A correlation coefficient of one is as-

Computing a state transition factor for SA-: 

(15) 

<Tck+I = </>SA <Tcfo (16) 

where: 
T=a time constant associated with odometer scale 

factor (typically 300-900 seconds), 
and, 

O'VSFss2=a steady-state error variance associated 
with the odometer scale factor error. 

The value of O'VSFif need not be set to uvsFss2, espe­
cially if large initial uncertainty exists. 

For "Kalman" gain computations, 

For measurement updates, 
Residual test: (parameters are C1 and C2), and 

Resvar= Va2 usr+2Vo Uc+<TVGW 

If (Z2/Resvar)>C1 k/C1, 

If (Z2/Resvar)>C2 bypass update; 

Covariance and correlation update: 

crsr=(1-kv'y-crsr-2k(l -kv)u c+k2crvaw, 

<Tc=(l-kv)<Tc-k<TCVGW, 

(17) 

(18) 

and (19) 

(20) 

30 sumed. The product of the standard deviations by the 
maximum variance is approximated, to avoid comput­
ing a square root. This is a conservative approximation. 

The variances associated with east and north position 
error are propagated using e_quations (25) through (29). 

35 

40 

45 where, 

Adsum2=°AJ2+2AdAdsum, 

Adsum+=Ad 

(25) 

(26) 

(27) 

(28) 

(29) 

(30) 

50 The terms sin Havg and cos Havg are calculated previ­
ously as a part of the position propagation, and there­
fore need not be recalculated here. 

Equations (25) through (30) represent the covariance 

55 
propagation equations, except for the correlated error 
correlation propagation. State propagation equations 
are: 

60 

Lk=Lk-1 +Apn/Re (latitude in radians); 

Ak=Ak-1 +Ap,l(Re cos L) (latitude in radians). 

and (31) 

(32) 

where o-cvGPil represents the correlated component of 
the measurement error. An additional term is added to 
the computed measurement noise variance if the veloc- 65 
ity solution is based on propagated measurements. 

In equations (31) and (32), 

l:i.p,=Ad sin Havg, 

/:i.pn=Ad cos Havg, 

where, 

and (33) 

(34) 

The position filter 76 uses corrected outputs of the 
heading and speed filters 72 and 74, and processes GPS 
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14 
Ad=VaygAt. 
Measurement processing begins with the creation of 

east and north position measurement residuals: 

Ape;res=0-.DR-AGPS}R, cos L (in meters); 

l:i.pn/r,s=(LDR-LGPS}R,, (in meters) 

and (35) 5 

(36) 

where, AGPS , LaPS are the longitude and latitude of the 

= ,?,p/SA + ~P' 

~ -{ differential: 
cp/SA -

non-differential: 

o-2 a.,a!:i.tc2 
--2 - + <r7Jifl-UDRE)' 

,?,o" 

current GPS receiver 16 fix in radians, respectively. 10 and 
The position filter 76 forms the following estimates of 

the east and north components of the DR position error: o-co"2=(30 meters)2. 

Ape=Kee !;.p,;r,s+k,n l:i.p,.;,es (in meters), 

1:,.pn=Kne Ap,;,es+knn Ap,.;,es (in meters), 

and (37) IfUDRE is not available from GPS receiver 16, then a 
(
38

) 15 constant value for O-diJl- is assumed. 
For gain equations: 

where, gains ken, ken, ken and ken are expressed in equa­
tions herein. Both residuals affect the east and north 
position error estimates, since the error components are 20 correlated through the common heading and odometer 
errors. 

The error estimates computed by equations (37) and 
(38) are used to correct propagated DR positions: 

Lk=Apn/R,; and 

11.k=/:,.pel(R, cos L) 

(39) 25 

(40) 

The gain terms: ken, kne, kee and knn, are computed by 
first forming intermediate variables: 30 

CF cdiffe= CF ~t.pn-O' c,,.; 

(41) 

(42) 

(43) 

(44) 

35 

(49) 

(50) 

(51) 

and (52) 

(53) 

For covariance and correlation update: 

(54) 

0"1pe = k;,cr;;GPS + 2k,,(I - k,e)uc, + (1 - k,,)2o-2.o¥e -

'71pn = k;,.~GPS + 2k,.,.(1 - k,.,JCFcn + 

~~,ir-<¥,,2ft - kn,Jk,.,u cdiffe + k;,c?,di/J 

(55) 

(
45

) 40 CFt.pellpn = k,e(I - k,.,.)CFcen - k,,k,.e(CFc, - cr;;GPS/d + 
(56) 

(46) k,.,.(1 - ke,)CFcne + (1 - kee)(l - knn)O't,pet.pn -

(47) 

where: 45 
O-!;.pe2, <rt,.pn2 and O-!;.pe!:,.pn are propagated per equa­

tions (25) through (30), 
<rce, <rcn, <Tcne and <rcen are correlations which are 

propagated and updated and all initialized to zero, 
and 50 

o-,aPS1 and <rnaPS1 characterize the accuracy of a 
current fix. 

When characterizing the current fix, it is assumed 
that only HDOP is available. Additional information, 
including EDOP, NDOP, a correlation term and resid- 55 
ual information from an over-determined solution is 
preferable, but not strictly necessary. With only HDOP, 
the north and east position error components of a fix are 
assumed to be of equal variance and uncorrelated, e.g., 
cr,11 =0. The variances are computed as follows: 60 

(48) 

where: 
O"pn2=noise variance, about one meter square, 65 
<rcp/GJ>i2=correlated error variance, which includes 

both multipath, correlation induced by the code 
carrier filter, and SA or SA-leakage, 

O'cn = -knn~GPS/c - (1 - k,.,Jucn + kneO'cne, 

O'c, = -k,,o-2eGPS/c - (1 - k,e)CFce + k,,nCFc,n, 

O'c,n = -(I - knn)CFcen + kne(Uc, - cr;;GPS/d• and 

O'cne = -(I - k.,)ucn, + k,n(O"cn - ~GPS/d• 

where: 
<TnGPS!c2=<reGPS/c2=HD0P2 O-cp!GJ>i2-

For the time propagations of the correlations: 

Uc,:=4>SA Ucn, 

(57) 

(58) 

(59) 

(60) 

(61) 

(62) 

(63) 

(64) 

The correlations in equations (61) through (64) repre­
sent the effects of SA, but other effects may be included, 
e.g., uncompensated ionospheric delay. 
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If a position solution is based on propagated measure­
ments, then additional terms which reflect the result of 
sensed acceleration on the computed position are added 
to the GPS receiver 16 measurement error variance. 

Both ..:ldsum and ll<Tpsum2 are reset to zero whenever 5 
the updated variances O" b.pe2 and O" b.pn2 will pass the 
following test: 

(65) 

heading filter is probable during periods of dependency 
on dead-reckoning. 

Preferred heading and speed filter 78 is mechanized 
as a four-state Kalman filter of (1) gyro or differential 
odometer heading error, (2) odometer scale factor er­
ror, (3) terrain slope and (5) local clock frequency error. 
The first state includes a gyro drift component, the 
variance of which is proportional to time duration and 
error induced by residual scale factor error. The second 

If o{p < V fraction b.~sum• V fraction = O.QI 

b.dsum = 0, and b.cr2 psum = 0. 

10 state represents the residual scale factor error of the 
odometer itself, modeled as a relatively slowly varying 
Markov process. The third state models the local slope 
of the terrain as a spatially varying Markov process 

A significant simplification to the preceding equa- with standard deviation and correlation distance param-
tions for the two-state position filter, e.g., equations 

15 
eters set by a user as a function of the expected terrain 

(25)-(28) and (54)-(56), can be obtained if it is assumed roughness. The fourth state represents the error in the 
that the measurement processing of the two filters can frequency standard of the GPS receiver. 
be decoupled. Equations (37) and (38) would thereby Two modifications are made to an otherwise conven-
become, 20 tional Kalman filter. Process noise is adapted to cope 

b.pe=k,e b.pe/res, and 

b.pn=knn b.pnf,es-

(66) 

(67) 

This approximation basically neglects the correlation 25 
between east and north position error, and the two-state 

with scale factor errors, and correlated measurement 
error processing is added. The measurement error cor­
relations in the conventional Kalman filter covariance 
propagation and update equations are explicitly ac-
counted for. 

TABLE I 
filter decouples into two single-state filters. There is Preferred Heading and Speed Filter 
also no longer a need to implement equation (28), since State Definition Notation 
the correlation no longer appears in the measurement State Description State Model Use 
processing equations. Verification of the operation of 30 -BH--estuna-.-t:..ed_err_o_r __ zer_oed_o_u_t_fo_ll_o_wm_· -g--can-be_use_d_t_o_ 

the simplified design has indicated that the performance in the incorporation of each refine the 
losses are not significant. It is therefore a reasonable propagated gyro measurement after gyro or 
alternative which results in substantial computational or differential propagated heading is differential 
savings. The values for the gains in the two decoupled ~=~ corrected odometer scale 
filters are given by, 35 radians factor 

kee=ke=(<il-b.pe-<Tce)I (<il-b.pe-2<rce+<TeG~), 
and 

The covariance update equations simplify to, 

<rape2=ke2 <rea~+2 ke(l-k,)crc,+(1-k.,)2 
<Tape2, and 

<Tapn2=kn2 <TnG~+2 kn (1-kn)<Tcn+(I-knf 
<TApn2-

(68) 

(69) 40 

(70) 
45 

(71) 

8S estimated local 
terrain slope 

WsF estimate of the 
residual, 
linear odometer 
scale factor 
error 

modeled as a Markov 
process, with an a 
priori error variance 
and correlation 
distance computed 
from terrain roughness 
specifications 

Therefore, two, rather than the previously required 
f?ur, correlations are needed. Their propagation equa- 50 
tions are, 

modeled as a Markov 
process, with an a 
priori error variance 
that reflects the 
accuracy of an initial 
calibration and a time 
constant that ref!~ 
the variability of 
tire pressure with 
temperature, the 

<rc,=(1-ke)<Tce+k, <TcpG~, and 

<Tcn=(l-kn)<Tc,,+kn <TcpGPS· 

shorter term 
(72) variations expected 

due to vehicle 12 
(73) velocity are thus 

averaged 
55 6f estimate of modeled as a random 

The preferred heading filter 78 combines individual local clock walk, with process 
GPS pseudo-range rate (PRR), or Doppler measure- frequency error noise selected to 
ment, from GPS receiver 16, an odometer-derived lin- represent the 

this state is 
included when 
operating with 
a full set of 
satellites and 
vertical 
velocity is 
significant 

ear velocity from input signal 14 and a gyro-derived :=:cy error 

heading rate, such as from gyro 22. A differential odom- 60 ---------""""""---------­
eter may be used in place of gyro 22 to sense heading 
changes. Differential odometers measure differences in 
the distances traversed by the left and right sides of 
vehicle 12. Preferred heading and speed filter 78 oper­
ates continuously, processing PRR measurements from 65 
individual GPS satellites. Since one or more GPS satel­
lites are expected to be in view most of the time, a sub­
stantial performance advantage relative to the enhanced 

All states except 6H are free-running, e.g., they are 
not normally set to zero following each measurement 
update. The odometer scale factor, if adjusted, should 
result in 8dsp being reset to zero. 

Only ten elements of a four-by-four covariance ma­
trix, equation (66), are propagated and updated for max­
imum efficiency, as illustrated in equation (74), 
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(74) 

<T1iH X X X 

<TBHos <T1is x X 5 
P= 

UBHod <Tos6d U1id X 

<TBHof <T8s6J o-26dof <T1if 

10 
where "x" are redundant and ignored. 

In addition to the four basic filter states, there is a 
"consider" state that represents the effects of selective 
availability for non-differential operation or selective 
availability leakage for differential operation. This 15 
"consider" state implies that four additional correla­
tions per satellite must be included in the covariance 
update and propagation equations. These correlations 
are labeled <Tc6H;, <Tc6S;, <Tc&Ji, and <Tc6fi, where i= 1, 2, 
... , n, where i is the satellite index, and n denotes the 20 
number of receiver channels. 

A set of equations identical to the corresponding 
equations for the propagation of the heading error vari­
ance due to scale factor error for the enhanced heading 
filter is required. For example, pseudocode (7), which is 25 
given for the heading sums, is equally applicable to the 
preferred heading filter. 

The following pseudocode describes propagations 
for the odometer scale factor and slope states: 
If .lid~dcorr (the slope correlation distance) 

6sk+I = 0, 

<r1isk+ 1 = o-2as.s:, (steady state slope variance), 

UssoHk+I = U.s:,6dk+1 = Usso}k+I = 0, 
0-COsi = 0, i = 1, 2, ... , ~ 
else, 
<Pos = 1 - (l!.dldcorr) (lldco" should be precomputed), 
6s1c+ 1 = c/>a,0;1o 

(75) 

30 

35 

18 
-continued 

<Tc8Sk+1 = c/>c<Tc8S!o i = 1, 2, ... , n, and 
u c8dk+ 1 = c/>c<T cod!o and 
<TcBJk+I = <Pc<TcB}k, 

where n is the number of GPS satellites currently being 
tracked. 

Measurement processing, as described for a single 
PRR measurement, is as follows, 

let PRR measurements be denoted PRR;"', i=O, 1 , . 
. , n. 

The differential correction latency, .lite, should be 
stored in a memory within microcomputer 24 for later 
use in computing a correlated error variance. 

It is assumed that the PRRs have been corrected for 
satellite vehicle (SV) clock frequency error, including 
relativistic effects, and for SV velocity error. If in non­
differential mode, different values will be assigned to 
the correlated error variances. When in differential 
mode and differential corrections are not available or 
have timed-out, it may or may not be desirable to con­
tinue to use the PRR measurements. If the use of PRR 
measurements is continued, the correlations must be 
reset. 

Computation of the measurement gradient vector (h), 
for each PRR measurement, is given by, -

l!.T ={.J:cos.H u,-sinH Un I sinH u,+cosH 
un+uuBSI uu]!} (78) 

where Ile, Un and Uu are the east, north and up compo­
nents, respectively, of the line-of-sight (LOS) vectors to 
the SV of interest. 

Residual formation is as follows, 

TPRR=PRR-.!!.T ~ tm (79) 

where, 
<T1isk+ 1 + = 2(!!.d/dro") (<T11s.,- - <T1isk), 
(2/ dcoor should be precomputed) 
U8s/3Hk+ 1 = 'P8s<T6s6Hlc 

PRR=.!!i <Ys;-v) (vs denotes sv velocity, V denotes 
40 • vehicle J2 v~locp:y) -

U8s/3dk+ 1 = 'P8s<Tos6dk, and 
UT;s/3Jk+ 1 = <P8s<T8s/3fk-

If .lit~Tcorr(the scale factor correlation time), 

6dsFk+1 = o, 
<T1idk+1 = cr2&is.,, 

U8soHk+1 = <Tos6sk+1 = <T8so}k+l = 0, 
<:rc&J; = 0, i = 1, 2, . .. , n, 
else, 
<Pod = 1 - (fl.th corr), (1/T corr should be precomputed) 
6dsFk+ I = </>aa&JSFio 
o-28dk+I += 2(fl.t/Tcorr) (cr28dss - U1idk), 
(2/T coor should be precomputed) 
UBdoHk+ I = 'P&J<TBdoHlc 
<Todlisk+ l = q>&J<TIJdSS, and 
<TBdoJk+ I = q>&J<TlldlJ}k· 

(76) 

Propagation of the clock frequency variance is given by 

45 

50 

55 

iT = [8H as Bdsp at]. 

Measurement noise variance computation is as follows, 

<T1>RR =<r1>RRN + <T1>PRO 
(80) 

noise correlated 
component 

<T1>RRN = (0.01 m/sec)2 (81) 

(82) 

~ 
{

ua2!l.t/ differential 
PRRC= 

(0.5 m/sec )2 non-differential 

where, 
.litc=differential correction latency 

uaJ+ =qapit. 60 
<Tasa=one sigma SA acceleration=0.005-0.01 

m/sec2. The correlated error is dominated by SA. 
The propagation of the "consider'' state correlations 

is represented by the following pseudocode. 

Ucf,H; = <Tcf,S; = <Tcod; = <Tc8j/ = 0 
i = l, 2, ... , n 
else, 
'Pc = 1 - (fl.t/-r c), 
(1/T corr should be precomputed) 
UcfJHk+I = <Pc<TroHlc 

(77) 

The other correlated errors, e.g., ionospheric rate 
of change, are neglected. These errors can be used 
to set a floor for the propagated correlations. 

Measurement gain calculation is not strictly a Kalman 
65 gain, but a modified version based on the correlation 

vector, !Zc, as follows, 

(83) 
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The expression for the Kalman gain (four-dimen­
sional) is, 

s State 

TABLE II-continued 
Preferred Position Filter 

State Definition 

Description 

user clock 
phase error 

Use 

DR solution (84) 

A conventional Kalman filter gain calculation results if 
Q"c=Q. Iterations of the Kalman gain calculation, fol­
lowed by state, covariance and correlation vector up­
date for each satellite are required. 

The following ten elements of the full four-by-four 
10 covariance matrix are propagated: 

State update is as follows, 

_i+=}:_TPRR• 

Measurement deweight/reject pseudocode is, 

If '1>RR > C\ PRRres-Nr 
Ji <-ls/CJ 

If 11>RR > t'2 PR.Rres-var 
bypass update. 

The covariance update equation is, 

(85) 

15 

(86) 

20 

25 
(87) 

The correlation update equation is, 

!!:c+=(I-ls!J"I) !Z.c- +Ji <ilpRR (88) 30 

The preferred position filter 80 (FIG. 3) operates in a 
manner analogous to the preferred heading and speed 
filter (69): individual satellite PR measurements are 
processed to estimate and remove the error growth in 
the position propagation, which is based upon the out- 35 

puts of the heading and speed filter. Processing of indi­
vidual measurements using the four state preferred posi­
tion filter enables "partial updating" of the solution 
when fewer than three satellites are in view. The mea­
surement processing of the preferred position filter is 40 

nearly independent of the preferred heading and speed 
filter, except that its measurement weighting is coupled 
to the expected accuracies of the heading and speed 
filter, as will be explained in the subsequent discussions. 
In this way, the two filters realize a set of coupled, 45 

Kalman-like filters; this formulation has significantly 
reduced computational requirements relative to the use 
of a fully integrated eight state design, by roughly a 
factor of four. The error states of the preferred position 
filter are defined in Table II. 50 

TABLE II 

(89) 

cripe X X X 

CTSpeopn cripn X X 

P= 
CT6pe6h CT6pn6h crih X 

Thus, propagation equation are needed for CT8pe2, 

CT8pe6pn, CT8pn2, CT8pe6h, CT8pn8h, cr6h2, CT8pe64>, CT8pn84>, 

CT6h64>, and CT6,i,2, based on the outputs from the pre­
ferred heading and speed filter. It is assumed that the 
preferred heading and speed filter has run prior to the 
execution of the preferred position filter. Subscripts k 
and k-1 refer to successive updates, or propagations if 
no PRR measurements are available for the speed and 
heading filter. For example, k is the time at which prop­
agation terminates in the position filter, and k-1 is the 
previous propagation termination time. The propaga­
tion equations are preferably run at one hertz, indepen­
dent of measurement updating. 

Propagation of the vertical position error variance is 
derived from equations for the altitude propagation, 
based on the current and previous slope and speed esti­
mates. Such equations take the form of: 

1ik = hk-1 + (sa,g)(va-,g)ar 
where: 

• 1 <. •. , • 1 c· •. , 
Sa-,g = z Sk-1 + SKI Va-,g = z Vk-1 + VKJ 

or, 

(90) 

Preferred Position Filter 
State Definition The resulting altitude variance propagation equation is 

State Description Use 55 given by: -----------------------
8 p, estimated error to be subtracted from <Toh;.+=adsum'(crosa,/+'s2cr0 ysFa,l+-

::;,:t of DR DR solution 2Sa,gU6SovsF) (91) 

8h 

position in 
meters 
estimated error 
in the north 
component of DR 
position in 
meters 
estimated error 
in the vertical 
component of DR 
position in 
meters 
estimate of 

to be subtracted from 
DR solution 

to be subtracted from 
DR solution 

to be subtracted from 

60 

65 

where: 
f:..sums is computed similarly to the computations for 

the enhanced position filter, e.g., equation (17). 
Propagation of the clock phase error covariance is 

based upon the following equation for the clock phase 
estimate: 

(92) 

where: 
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The resulting clock error variance propagation equa­
tion is given by: 

(93) 

where: D.tsum is computed and controlled the same as 
D.tsums, but based upon sums of propagation intervals. 

Propagation of the off-diagonal terms: <T6pe6h, CT6pn6h, 

CT6pe64>, CT6pn64>, and CT6ph84>, are given by: 

(94) 

5 

0-8<l>ope+ =l'(cos Ho-assJ+sin Ho-ovSF8fl Atsums, 

0-8<l>8pn+ =l'(cos Ho-a,s.F8J-Sin Ho-aHo}J Atsums, 

0-8h1Jpe+ =[S(cos Ho-a,s.F8H+sin Ho-avsJI-) +cos 

(b 95) 15 

(96) 

Ho-;;ssH+sin Ho-a,sFSs]Msums, (97) 20 

o-ahopn+ =[S(cos Ho-a,sJf-sin Ho-a,sFoH) +cos 
Ho-;;sFSs-sin Ho-o,SF8S]l:i.dsums, (98) 

A correlation term for each satellite, representing the 
effects of SA or SA leakage (differential operation) and 25 

other residual correlated errors such as uncompensated 
ionospheric delay, must be propagated for each SV: 

O"cllpel =4>c, (99) 
30 

O"cl)pn;=4>c, (100) 

O"cl)h;=4>c, (101) 

O-cl)<l>;=4>c, (102) 35 

where i is the SV index. 
The pseudo range measurements are code/ carrier 

filtered, corrected for SV clock and relativistic effects, 
ionospheric and tropospheric delays, or differentially 40 
corrected. Measurement residual formation is as fol­
lows: 

(103) 

where: 
PR m is the measured carrier-filtered pseudo range, 
R is the estimated range, based on the propagated 

position, and 

45 

opT = [ope, O{)n, OPh] represents the computed sv 50 
- positions. 

The measurement gradient vector equation is as fol­
lows: 

(104) 55 

where: 
i is the SV index, and 
Ue, u11, Uu are the components of unit line of sight 

vector to SV. 
60 The Kalman gain calculation is identical in form to 

that for pseudo range rate processing, with the correla­
tion vector Q"ci given by, 

(105) 
65 

The measurement noise variance is given by, 

(106) 

where: 
CTNPR2 represents the noise contribution, 
CTCPR2 represents the correlated error contribution 

due largely to SA. 
Each component is a function of several receiver­

generated parameters: 

where: 
C/N0 =measured signal to noise ratio, 
n=index for code/carrier filter gain, 

{ 

oiA( URA) non-differential 
oiPR= 

a-;iSAat2/2 differential. 

(107) 

The covariance update equations and correlation 
update equations are identical in form to those de­
scribed herein for the heading and speed filter, equa­
tions (3) and (5). 

The gyro bias filter and associated monitor are prefer­
ably included the GPS/DR navigation system. The 
gyro itself generally exhibits drift characteristics that 
can render it unusable without frequent calibration. The 
present invention performs this calibration function 
each time that a vehicle 12 is determined to be station­
ary, such as indicated by the odometer. The calibration 
can also be done when the vehicle 12 is determined to 
be moving in a straight line, as determined from a very 
low rate signal. This information is input to one of two 
separate filters, one using the stationary information, the 
second (with a longer smoothing time) using the bias 
information derived while moving. Both filters can be 
realized as fixed-gain, low-pass filters, which are empiri­
cally tuned. 

Alternatively, single or two-state Kalman filters may 
be used in these designs. The gyro bias rate, in addition 
to the gyro bias, is estimated. Inclusion of gyro bias rate 
information can improve the bias estimation perfor­
mance over longer periods of continuous motion, since 
it can predict the change in the determined bias over 
time. 

Fixed gain bias filtering is as follows: 

where: 
b = bias estimate, 
a=filter coefficient, and 
bm=measured bias value. 

(108) 

The value for a is a function of the source of the bias 
measurement. A longer time constant which corre­
sponds to a smaller value for a is used if bm is derived 
while moving. 

The Kalman bias filter is represented by: 

. (S) . x = , x = Kalman state vector 
- b -

~k+ I = ~k + kl),,,_,, 
Ok+ I = Ok + !fl,b,,.,,, 
bres = ~ - (bk + bAt), 

kb=Kalman gain for the bias estimate, 

(109) 

(110) 
(Ill) 
(112) 
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k6=Kalman gain for the bias rate estimate, 
At=time interval between bias measurements. 
The Kalman gains are derived from conventional 

Kalman equations, based on the assignment of a mea­
surement noise variance for the bias measurement, 5 

which varies according to its source, whether moving 
or stationary. The Kalman gains are further based on an 
appropriate random walk model for the bias-rate state. 

Due to the potential instability of the gyro bias, an a 10 
gyro bias monitor is preferably included in the gyro bias 
filter. The gyro bias monitor examines the outputs of the 
bias filter, and injects additional uncertainty into the 
speed and heading filter propagation, which results in 
an increase in the weighting of GPS information, based 15 
upon the stability of the outputs of the bias filter. The 
equations of the bias filter and its monitor are included 
below: 

The following pseudocode represents a gyro bias 
monitor procedure: 20 

else 

if t,.J?, • tJ.t > qb;,,,, 

qb;,,,, = a/? • lit 

(113) 

25 

if l:Jlgyro > b.Hrhresh 
(114) 

SF+m = (b.Hgyro/MIGPS) - 1 

else if l:Jlgyro < -t.Hrhresh 

SF_m = (t.Hgyrofb.HGPS) - 1 

where: 
SFm=measured positive and negative gyro scale 

factors, 
AHgyro= gyro measured heading change, 
AH,hresh=heading change threshold for scale factor 

measurement, and 
AHoPS=heading change measured by GPS. 
The measured SFm values are then applied to sepa­

rate positive and negative filters for scale factor, where 
each is in the following form: 

(llS) 

where: 
a=function of accuracy of GPS measurement, time 

since last gyro scale factor calibration, 
SFo=value determined at installation or recalibra­

tion. 
An alternative to the use of Kalman filtering for the 

where: 
Ab=bk+1-bk, 
At=time, 

30 preferred speed and heading filter, and the preferred 
position filter is based on a weighted least squares 
(WLS) algorithm, although the Kalman filter approach 
is presently preferred. One such alternative approach is 

qbias=process noise parameter used by the speed and 35 
heading filter, and 

c=coefficient which determines the "settling time" 
associated with the return of qbias to its nominal 
value. 

The bias monitor is relatively conservative, e.g., any 40 

observed departures of the bias from its nominal stabil-
ity results in an immediate increase in the qbias parame­
ter. The qbias parameter is only allowed to return to its 
(lower) nominal value after several consistent updates, 45 
as controlled by "c". 

Depending upon the stability of the gyro scale fac­
tors, which are generally expected to be strongly tem­
perature dependent, periodic re-calibration from their 
initial values determined at installation may be neces- 50 
sary. The calibration generally requires specific maneu­
vers be performed, which can be difficult and time 
consuming. It is therefore advantageous to adjust the 
scale factor estimates periodically using GPS. Such 
adaptation is risky, since an erroneous scale factor may 55 
be difficult to recover from. An alternative approach 
makes use of a GPS-derived estimate of the scale factor 
following each significant heading variation. This 
avoids corruption of the gyro scale factors. The GPS 60 
information is weighted based upon its expected accu­
racy, and combined with the scale factor determined at 
installation. In this way, the scale factor will only be 
adjusted if significant evidence indicates that it has 
changed, e.g., the scale factor estimate is desensitized to 65 

errant GPS measurements. 
The following pseudocode represents a gyro scale 

factor update filter procedure: 

based upon dual four-state WLS filters and closely fol­
lows the development of the dual four-state Kalman 
filters described herein for the preferred speed and 
heading and position filters. Therefore, it will not be 
described to the same level of detail. 

The propagation equations for the WLS approach are 
virtually identical, except that propagations . are not 
required for the correlations with GPS measurement 
error (since the WLS filter does not model these ef­
fects). The measurement update equations are more 
straightforward than their Kalman counterparts, and 
are summarized by the following equations: 

R=measured error variance (mXm) 

r=measured residual vector (mX 1) 

H=measurement gradient vector (mX4) 

~x=state correction vector (4 XI) 

where m=4+Dsvsand nSl'S=number of GPS satellites. 
The alternative design based upon WLS can be ex­

pected, generally, to be inferior to the preferred Kal­
man approach in that it will not be able to remove the 
effects of SA as well. However, its relative simplicity 
makes it an attractive alternative, especially in applica­
tions with limited processing power. The measurement 
equations of WLS do permit navigation with fewer that 
three satellites, and identification of faults in both GPS 
and DR. Based upon limited benchmarks for a Motor­
ola type 68332 microprocessor, the measurement pro­
cessing of the WLS approach can be up to an order of 
magnitude more efficient than the Kalman approach, 
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and so it is worthy of serious consideration as a backup 
approach if computer resources limited. 

Failure detection, as implemented within the WLS 
filters, is based upon the over-determined solution resid­
uals, e.g., the fault vector or parity vector. The magni- 5 
tude of the fault vector can be tested against a thresh­
old, and used to detect "failures", or inconsistencies, in 
the redundant measurements. While the direction of the 
fault vector can be used to isolate the faulty measure­
ment(s ). If a faulty GPS measurement is isolated, it will 10 
be removed from the solution. If the position changes or 
the gyro-derived heading are isolated as faulty, a reini­
tialization to the next available GPS solution should 
occur. The following equations summarize the calcula­
tion of the fault vector from the over-determined set of 15 
measurements: 

where: 
S=fault vector covariance matrix (mXm), 
S=I-R-!H (HTR.-iHf-lHTR.-!, 
fTf used for fault detection, and 
fi2/sii used for fault isolation. 

20 

Certain error mechanisms within a DR system can 
lead • • nal . th 25 to gross navigatio errors, smce ey are not 
reflected in the predicted uncertainty levels of Kalman 
filters. Included in this class of error mechanisms are the 
"ferry problem" and problems induced, for example, by 
excessive tire skidding on the vehicle 12 or an initial 
excessive heading error. Operation of the GPS/DR 30 

system onboard a vehicle 12 ferry, or other moving 
platform, will cause excessive errors to develop, since 
the odometer will indicate that the system is stationary. 
Excessive skidding will similarly induce significant er­
ror, since the odometer will indicate that the vehicle 12 35 
is not moving, when, in fact, it is moving. Modification 
of the basic Kalman equations can be made to improve 
the tolerance of nonlinear effects, as induced by large 
heading errors, but will not guarantee convergence for 
very large errors. The approach to be taken, as part of 40 
the present invention, is to reinitialize the GPS/DR 
solution to the GPS only solution when a sufficient 
number of measurement rejections have occurred, indi­
cating that the GPS solution cannot be "spoofed," or be 
based upon reflected signals. Both the position, speed 45 
and heading are then reinitialized to GPS values, and 
the GPS/DR filter is restarted. 

Although the present invention has been described in 
terms of the presently preferred embodiments, it is to be 
understood that the disclosure is not to be interpreted as 50 
limiting. Various alterations and modifications will no 
doubt become apparent to those skilled in the art after 
having read the above disclosure. Accordingly, it is 
intended that the appended claims be interpreted as 
covering all alterations and modifications as fall within 55 
the true spirit and scope of the invention. 

What is claimed is: 
1. A terrestrial vehicle position and velocity estima­

tion system, comprising: 
input interface means for accepting raw global posi- 60 

tion system (GPS) pseudo range (PR) and pseudo 
range rate (PRR) measurement data, GPS position 
estimate data, and GPS velocity estimate data from 
a GPS navigation receiver mounted to a terrestrial 
vehicle; 

first computational means for mathematically model­
ing an error effect on said raw measurement data, 
position estimate data, and velocity estimate data 

65 
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due to periods of selective availability (SA) 
wherein range errors are deliberately introduced 
into GPS satellite transmission data to reduce the 
position accuracy of unauthorized GPS users; 

second computational means for mathematically 
modeling a heading scale factor error effect on an 
accumulated heading error of a dead-reckoning 
turning rate· sensor connected to said terrestrial 
vehicle; 

third computational means for mathematically mod­
eling an odometer scale factor error effect of a 
dead-reckoning odometer sensor connected to said 
terrestrial vehicle; 

Kalman filter means connected to a respective output 
of each of the first through third computational 
means for blending data output from each of the 
first through third computational means and to 
produce and output an estimate of a heading error 
and the odometer scale factor error from at least 
one of said raw GPS PRR measurements and said 
GPS velocity estimate data; and 

computer means connected to the Kalman filter 
means for computing a position and a velocity of 
said terrestrial vehicle from data obtained from said 
dead-reckoning turning-rate sensor and said dead­
reckoning odometer sensor as individually cor­
rected and weighted in the Kalman filter means for 
respective scale factor errors by partial PR and 
PRR measurement data periodically obtained from 
said GPS navigation receiver. 

2. The system of claim 1, further comprising: 
adaptive blending means for combining GPS position 

and velocity estimate data with information from 
said dead-reckoning sensors, wherein in said com­
bining: 
GPS velocity estimate data is used in a first single­

state speed filter to estimate said odometer scale 
factor error; 

said GPS velocity estimate data is used in a second 
single-state heading filter to remove a heading 
drift of said dead-reckoning turning rate sensor 
and errors caused by dead-reckoning turning 
rate sensor scale factor error, and said GPS posi­
tion estimate data is used in one of a first two­
state and a third and a fourth single-state filters 
connected such that their gains are coupled to 
said first single-state speed filter and said second 
single-state heading filter to correct an accumu­
lated error of a dead-reckoned position; 

each of said first and second single-state speed and 
heading filters add an extension to the Kalman 
filter means for correlated measurement error 
modeling and for including odometer and turn­
ing-rate sensor scale factor errors as process 
noise. 

3. The system of claim 2, further comprising: 
means connected to the Kalman filter means and for 

adapting said heading filter to a turning sensor 
anomalous behavior and including a dead-reckon­
ing turning rate sensor heading drift monitor for 
operating on an output of a calibration filter to 
adjust a process noise model of said heading filter. 

4. The system of claim 2, further comprising: 
calibration means connected to the Kalman filter 

means and for calibrating the scale factor error 
associated with said turning rate sensor, including a 
digital filter for outputs of said heading filter for 
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refining a set of initial estimates of sensor scale 
factors and separate clockwise and counterclock­
wise rotation filters. 

5. The system of claim 2, further comprising: 
isolation means connected to the Kalman filter means 5 

for rejecting GPS position and velocity estimate 
when a statistical rejection test indicates a substan­
tial GPS error. 

6. The system of claim 1, further comprising: 
adaptive blending means connected to the input inter- 10 

face means, said dead-reckoning turning rate sensor 
and said dead-reckoning odometer sensor for com­
bining individual GPS PR and PRR measurements 
with information from said dead-reckoning turning 
rate and odometer sensors, wherein in said combin- 15 

ing: 
individual GPS PRR measurements are processed by 

a four-state speed-and-heading filter which esti­
mates heading error, odometer scale factor error, 
terrain slope, and receiver clock frequency error; 20 

individual GPS PR measurements are processed by a 
four-state position filter for estimating three com­
ponents of position error and receiver clock phase 
error, wherein said position filter gain calculation 
coupled to said speed and heading filter; and 25 

said four-state speed-and-heading filter and said four­
state position-and-receiver-clock-phase error filter 
each further include a modified basic Kalman filter 
measurement noise model for representing the ef­
fects of correlated process and measurement er- 30 
rors; 

said position and speed-and-heading four-state filters 
replace a full eight-state Kalman filter to yield a 
factor of four improved computational efficiency; 
and 35 

said position and speed-and-heading four-state filters 
reduce dead reckoning error growth when less 
than three GPS satellites are in view. 

7. The system of claim 6, further comprising: 
means connected to the Kalman filter means and for 40 

adapting said speed and heading filter to a turning 
rate sensor anomalous behavior and including a 
dead-reckoning turning rate sensor heading drift 
monitor for operating on an output of a calibration 
filter to adjust a process noise model of said speed 45 
and heading filter. 

8. The system of claim 6, further comprising: 
calibration means connected to the Kalman filter 

means and for calibrating said turning rate sensor 
scale factor error, including a digital filter for out- 50 
puts of said speed and heading filter for refining a 
set of initial estimates of sensor scale factors and 
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separate clockwise and counterclockwise rotation 
filters. 

9. The system of claim 6, further comprising: 
isolation means connected to the Kalman filter means 

and for rejecting GPS PR and PRR when a statisti­
cal rejection test indicates substantial GPS error. 

10. The system of claim 1, further comprising: 
adaptive blending means connected to the Kalman 

filter means and for combining individual GPS PR 
and PRR measurements with information from said 
dead-reckoning sensors and including two coupled 
four-state filters, wherein in said combining: 
position and receiver clock phase error changes are 

estimated using an over-determined weighted 
least squares (WLS) solution based on dead reck­
oning position changes and available PR mea­
surements from said GPS receiver; and 

heading error, odometer scale factor error, terrain 
slope, and receiver clock frequency error are 
estimated using . an over-determined WLS solu­
tion based on a dead reckoning velocity and 
available PRR measurements from said GPS 
receiver. 

11. The system of claim 10, further comprising: 
means connected to the Kalman filter means and for 

adapting said WLS speed and heading filter to a 
turning rate sensor anomalous behavior and includ­
ing a dead-reckoning turning rate sensor heading 
drift monitor for operating on an output of a cali­
bration filter to adjust the process noise model of 
said WLS speed and heading filter. 

12. The system of claim 10, further comprising: 
calibration means connected to the Kalman filter 

means and for calibrating a scale factor error asso­
ciated with said turning rate sensor, including a 
digital filter for said WLS speed and heading filter 
for refining a set of initial estimates of sensor scale 
factors and separate clockwise and counterclock­
wise rotation filters. 

13. The system of claim 1, further comprising: 
continuous calibration means connected to the Kal­

man filter means and for correcting a turning rate 
sensor heading drift based upon one of a stationary 
measurement or a low-angular rate measurement 
using one of a fixed gain or Kalman filter. 

14. The system of claim 1, further comprising: 
gross-error recovery means for a system reinitializa­

tion to a next available GPS position and velocity 
estimate when a residual test of a WLS filter indi­
cates a failure in dead reckoning. 

* * * * * 




